By B n 2 we denote the Euclidean ball in R n . Recall that the symmetric difference metric for convex bodies K and C is the volume of the symmeric difference of K and C d S (K, C) = vol n (K C).
McClure and Vitale, [McVi] , in dimension 2 and Gruber, [Gr] , in arbitrary dimension obtained an asymptotic formula for convex bodies K in R n with a C 2 -boundary with everywhere positive curvature. Namely, for such bodies
where µ is the surface measure, κ the Gauss -curvature, and del n−1 is a constant connected with the Delone triangulations. Thus
It was shown in [GRS] that there are constants c 1 and c 2 such that
This result was refined in [MS] :
Let K be a convex body. We consider random polytopes with vertices (randomly) chosen from the boundary of the body K. The expected volume of such a random polytope is defined by
where P denotes the normalized surface measure on the boundary of K and [x 1 , . . . , x N ] denotes the convex hull of the points x 1 , . . . , x N .
The following theorem provides "almost exact" estimates for the Delone triangulation numbers Theorem 2. For every n ∈ N with n ≥ 2 n−1
Consequently there is a numerical constant c > 0 such that
In particular,
Proof. The left-hand inequality was shown in [MS] , Theorem 3 . To prove the right hand side inequality note that
By Proposition 1 we have
By Stirling's formula, for every x > 0 there is 0 < θ < 1 such that
).
which completes the proof of the first part of the Theorem.
To prove the second part first observe that since 1 + t ≤ e t for t > 0 then
On the other hand e t ≤ 1 + ct for c = e 10 and 0 < t < 10. Thus
It remains to show that lim
Clearly, it suffices to show that 
